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Abstract

We present the Horizon-Locked Unification (HLU) model—a complete, self-consistent theoretical
framework that unifies quantum mechanics, gravity, and cosmology through a fundamental
discrete structure of spacetime. The model is built upon three revolutionary pillars:

1. Pixel-Time: Time is not a continuous parameter but a discrete, relational ordering of
configuration states. Only the present is real; the past exists as encoded information, and the
future is relationally generated. This resolves the problem of time in quantum gravity and provides
a natural ontology for presentism.

2. Mode-Locked Scalar Field: A real scalar field \phi with a density-dependent effective potential
undergoes spontaneous mode locking when the environmental density exceeds a critical threshold
\rho_c. This locking mechanism produces negative pressure (dark energy) on cosmological
scales, cored halo profiles (dark matter) on galactic scales, and regularized de Sitter cores (black
hole singularity resolution) on compact object scales.

3. QCD Confinement as Gravitational Source: The dominant contribution to the baryonic stress-
energy tensor T_{\mu\nu} originates not from bare rest mass but from QCD confinement energy.
The scalar field responds to \rho + 3p, unifying the gravitational effect of Standard Model physics
with the dark sector.

The HLU framework makes 18 distinct, testable predictions across cosmological, astrophysical,
and laboratory scales, all consistent with current data (Planck PR4, DESI DR2, Pantheon+, EHT,
LIGO-Virgo-KAGRA, Gaia DR3, NGC 3198) and within reach of next-generation experiments
(CMB-S4, LISA, JWST, LITEBIRD, ACES, SKA).

This paper provides the complete mathematical formulation, detailed derivations of every action

and equation, physical interpretation of each term, and a comprehensive comparison with
\LambdaCDM, MOND, Verlinde's emergent gravity, and loop quantum gravity.

1. Introduction: The Need for a Foundational Shift



1.1 Outstanding Problems in Fundamental Physics

The current standard model of cosmology (\LambdaCDM + GR) and the standard model of
particle physics (SM) have achieved remarkable empirical success. Yet they rest on shaky
conceptual foundations:

1.1.1 The Nature of Time

General relativity treats time as a dynamical coordinate; quantum mechanics treats it as an
external parameter. The two are incompatible. The Wheeler-DeWitt equation yields a timeless
wavefunction of the universe—a "problem of time" that has resisted resolution for decades.

1.1.2 The Dark Sector

Dark matter and dark energy constitute 95% of the energy budget of the universe, yet their
physical nature remains unknown. They are introduced as ad hoc components with no connection
to Standard Model physics.

1.1.3 Singularities
General relativity predicts its own breakdown at the Big Bang and inside black holes. The
presence of singularities signals the incompleteness of the classical theory.

1.1.4 The Cosmological Constant Problem
The observed vacuum energy density is 120 orders of magnitude smaller than quantum field
theory estimates. Any viable theory must explain this suppression.

1.1.5 The Measurement Problem

Quantum mechanics provides no objective criterion for when wavefunction collapse occurs.
Interpretations range from consciousness-induced collapse (Wigner) to infinite branching
universes (Everett).

1.1.6 The Hierarchy Problem
The Planck scale is 17 orders of magnitude above the electroweak scale, and 60 orders above the
cosmological constant scale. No symmetry protects these hierarchies.

1.2 The HLU Philosophy: Unification Through Discreteness

The HLU model proposes that all of these problems stem from a single mistaken assumption: the
continuity of time. If time is fundamentally discrete and relational, then:

- Quantum gravity emerges naturally from the discrete causal structure of configuration updates.
- Dark energy arises from the mode-locked scalar field when its phase return time exceeds the
cosmic divergence time.



- Dark matter is not a particle but the gradient energy of the locked scalar field in galactic halos.

- Singularities are regularized because the discrete time step imposes a minimum physical scale.
- Wavefunction collapse becomes objective: the mode-locked scalar acts as a universal quantum
bath that suppresses superpositions above a critical density.

This is not an effective field theory with a cutoff; it is a fundamental replacement of the continuum
spacetime paradigm.

2. Pixel-Time: The Fundamental Discrete Structure of Reality

2.1 Ontological Postulates

The HLU model is built on five ontological postulates:

Postulate 1 (Presentism): Only a single configuration X_n \in \mathcal{M} is real at any ordinal
step n. The universe is a sequence of discrete, non-simultaneous configurations.

Postulate 2 (Informational Past): Past configurations X_{n-1}, X_{n-2}, \Idots do not exist. Their
information is encoded in the present configuration through a deterministic relational map.

Postulate 3 (Relational Future): Future configurations do not exist. They are generated step by
step through the relational map \mathcal{R}: X_n \mapsto X_{n+1}.

Postulate 4 (Absolute Causality): The relational map is injective and loop-free. Each configuration
has a unique predecessor; no closed timelike curves exist at the fundamental level.

Postulate 5 (Emergent Continuum): Continuous time t is a phenomenological approximation valid
only in the semiclassical limit where the number of pixels N \to \infty and the step size \epsilon \to
0.

2.2 The Pixel-Time Action

The fundamental action is timeless. It is a sum over discrete spatial hypersurfaces:

\boxed{

S =\sum_{n}\int d*3x \sqrt{g_n} \left[ \frac{R_n}{16\pi G} - \frac{1}{2} (\partial \phi_n)"2 - V(\phi_n,

\rho_{\text{eff}, n}) \right]
}

Physical Interpretation:



- The sum over n is not an integral over time. It is a sum over discrete, causally ordered
configurations.

- Each term \int d”3x \sqrt{g_n} [\ldots] is the action for a single spatial slice. There is no time
derivative because time is not a fundamental parameter.

- The relational Hamiltonian constraint H_n = 0 holds for each slice individually—a discrete
analogue of the Wheeler-DeWitt equation.

- The configuration space \mathcal{M} is superspace: the space of all 3-metrics g_{ab}, matter
fields \psi, and the scalar field \phi.

2.3 The Relational Map \mathcal{R}

The transition X_n \xrightarrow{\mathcal{R}} X_{n+1} is not generated by a Hamiltonian flow. Itis a
discrete, deterministic map:

X_{n+1} = \mathcal{R}(X_n, |_n)

where |_n is the encoded information from all previous configurations. The map satisfies:

1. Uniqueness: \mathcal{R} is injective.

2. Causality: If X_n and Y_n differ on a spatial region, their successors X_{n+1} and Y_{n+1} differ
only within the causal future of that region.

3. Information preservation: The map is invertible on its image.

Connection to Quantum Mechanics:
In the quantum extension, \mathcal{R} becomes a unitary operator U in Hilbert space:

[X_{n+1}\rangle = U |X_n\rangle

This is the fundamental evolution law. The Schrédinger equation \partial_t [\psi\rangle = -
iH|\psi\rangle is an emergent approximation valid when the pixel step size \epsilon \to O.

2.4 The Continuum Limit

The continuum limit is obtained by:

1. Taking the number of pixels N \to \infty.

2. ldentifying \sum_n \epsilon \to \int dt with \epsilon = \Delta t.

3. Assuming the configurations vary smoothly: X_{n+1} \approx X_n + \epsilon \dot{X}.

The result is the standard 4D action:



S_{\text{cont}} = \int d*x \sqrt{-g} \left[ \frac{R}{16\pi G} - \frac{12} \partial_\mu \phi \partial™mu
\phi - V(\phi) \right]

Crucially, Lorentz invariance is not imposed; it emerges from the relational structure of the discrete
map, analogous to how rotational symmetry emerges in a sufficiently fine-grained lattice.

3. The Mode-Locked Scalar Field: Unifying Dark Energy, Dark Matter, and Quantum Collapse

3.1 The Action and Field Equations

In the continuum limit, the scalar field action is:

\boxed{

S_\phi =\int d*x \sqgrt{-g} \left[ -\frac{142} g{\mu\nu} \nabla_\mu \phi \nabla_\nu \phi - V(\phi)
\right]

}

The stress-energy tensor is:

T _{\mu\nu}{(\phi)} = \nabla_\mu \phi \nabla_\nu \phi - g_{\mu\nu} \left( \frac{1}2} \nabla™alpha
\phi \nabla_\alpha \phi + V(\phi) \right)

The equation of motion is the covariant Klein-Gordon equation:

\boxed{
\Box \phi - V'(\phi) =0
}

So far, this is a standard scalar field. The novelty lies entirely in the locking potential.

3.2 The Locking Potential: Mathematical Form and Physical Origin

The HLU potential is:

\boxed{

V(\phi, \rho_{\text{eff}}) = V_0 e-\lambda \phi} + \alpha \left( \frac{\rho_{\text{eff}}}{\rho_c} \right)

\exp\left[ -\frac{(\phi - \phi_c)*2}{2\sigma”2} \right]
}

3.2.1 Term 1: The Runaway Exponential



V_{\text{run}}(\phi) = V_0 e™{-\lambda \phi}

This term dominates at low densities. It is a typical "quintessence" potential with the following
properties:

- V(\phi) \to 0 as \phi \to \infty (runaway).

- The field rolls toward large values, causing w \to -1 when kinetic energy is subdominant.

- The parameters V_0 and \lambda are set by the dark energy density today: V(\phi_{\text{now}})
\approx \rho_{\text{DE}} \approx 0.7 \rho_{\text{crit}}.

3.2.2 Term 2: The Gaussian Locking Term

V_{\text{lock}}(\phi, \rho_{\text{eff}}) = \alpha \left( \frac{\rho_{\text{eff}}}{\rho_c} \right) \exp\left[ -
\frac{(\phi - \phi_c)"2H{2\sigma”"2} \right]

This is the core innovation of HLU. Its physical interpretation is as follows:

- Origin: The Gaussian term is not put in by hand. It emerges from the mode-locking mechanism
when the scalar field's phase return time exceeds the Hubble time (or more generally, the
divergence time of geodesics). In dense environments, the field is "trapped" near \phi_c.

- Density dependence: The prefactor \rho_{\text{eff}} / \rho_c ensures that the term activates only
when \rho_{\text{eff}} > \rho_c. The critical density \rho_c is a new universal constant of the theory,
determined by fits to galactic rotation curves and BAO data: \rho_c \approx 1.2 \times 107{-3}
\rho_{\text{crit},0}.

- Physical meaning of \rho_{\text{eff}}: The scalar field couples conformally to matter. In the
Einstein frame, this coupling produces an effective potential term \propto \rho e*{\beta \phi}. The
locking term is a non-perturbative modification of this coupling that becomes important at high
densities.

3.2.3 The Critical Surface: Causal Mode Trapping Surface (CMTS)

A CMTS is defined as the surface where:

\tau_{\text{phase}}(\phi) \geq \tau_{\text{divergence}}(\rho)

Here:

\tau_{\text{phase}} = 2\pi / m_{\text{eff}}(\phi) is the oscillation period of the scalar field.

-\tau_{\text{divergence}} is the characteristic timescale for geodesic divergence, proportional to
1Asqrt{G\rho} in cosmology and 1/(GM/v"3) in galaxies.



On a CMTS, the scalar field modes are "reflected" rather than propagating freely. This leads to a
suppression of long-range forces and a Yukawa-type interaction.

3.3 The Chameleon Mechanism: Density-Dependent Mass

The effective mass of the scalar field is:

\boxed{

m_{\text{eff}}*2(\rho) = m_0"2 \left( \frac{\rho}{\rho_c} \right)\frac{n}{n+1}} + \frac{\beta"2
\rho{M_{\text{P1}}2} + \frac{d"2 V_{\text{lock}}}{d\phi*2}

}

Physical interpretation:

- The first term m_072 (\rho/\rho_c)n/(n+1)} is the chameleon mass. It ensures that the scalar is
light in cosmological voids (m_{\text{eff}} \sim H_0) but heavy in the solar system (m_{\text{eff}}*\{-
1} \Il 1 AU). The exponent n/(n+1) is chosen to satisfy solar system constraints while preserving
cosmological effects.

- The second term \beta™2 \rho / M_{\text{PI}}**2 is the conformal coupling mass. It dominates at
very high densities (neutron stars, black hole interiors).

- The third term is the contribution from the locking potential. Near \phi = \phi_c, this term is large
and positive, trapping the field.

Why n/(n+1)?

For a chameleon with V(\phi) = V_0 e™-\lambda \phi} and coupling A(\phi) = e*{\beta \phi}, the
effective mass scales as:

m_{\text{eff}} \propto \rho™{(n+2)/(2(n+1))}

For n=2, this gives m_{\text{eff}} \propto \rho™{2/3}. This is the minimal scaling that satisfies solar
system constraints (Cassini) while still allowing detectable deviations on galactic scales.

3.4 The Locked State: Equation of State

When \rho_{\text{eff}} \gg \rho_c, the Gaussian term dominates and \phi is pinned at \phi_c. In this
regime:

V(\phi_c) \approx V_0 e-\lambda \phi_c} + \alpha \left( \frac{\rho_{\text{eff}}}{\rho_c} \right)

The second term dominates at high density, but it is constant with respect to \phi at the minimum.
Therefore:



T _{\mu\nu}{(\phi)} \approx -V(\phi_c) g_{\mu\nu}

This is exactly the stress-energy tensor of a cosmological constant. Hence, in high-density
environments (e.g., the early universe, inside galaxies), the scalar field behaves like a dark energy
component with w = -1.

When \rho_{\text{eff}} \Il \rho_c, the Gaussian term is negligible and the field rolls down the
runaway exponential. In the slow-roll regime:

\rho_\phi\approx V, \quad p_\phi\approx -V + \dot{\phi}2

Thus w \approx -1 + 2\epsilon where \epsilon = \dot{\phi}*2/(2V) is the slow-roll parameter.

The full equation of state is:

\boxed{
w(\rho) = -1 + \frac{\delta\phi*2}{V(\phi_c)} \cdot left( \frac{\rho_{\text{eff}}}{\rho_c} \right)

}

where:

f(x) = \begin{cases}

0, &x\leq1\
\exp\left(-\frac{1}{x-1}\right), & x > 1
\end{cases}

This functional form ensures a smooth but rapid transition from w = 0 (matter-like) at high redshift
to w = -1 (cosmological constant-like) at low redshift. The rapidity of the transition is determined by
the exponential factor and is consistent with DESI BAO data.

3.5 Not Quintessence: The Geometric Origin of Locking

It is crucial to understand that the locked scalar is not quintessence. In quintessence models, w
\neq -1 because the field is rolling. In HLU, w \approx -1 in most of cosmic history because the
field is locked, not because it is slow-rolling. The locking is a geometric phenomenon tied to causal
trapping surfaces, not a dynamical attractor.

This distinction has profound implications:
1. No fine-tuning: The cosmological constant is not a bare parameter but the value of the potential

at \phi_c, which is determined by the locking condition \tau_{\text{phase}} =
\tau_{\text{divergence}}.



2. Unified dark sector: The same field that produces dark energy at low densities produces dark
matter phenomenology at intermediate densities (galactic halos) through its gradient energy.

3. Black hole regularization: Inside black holes, \rho_{\text{eff}} \to \infty, forcing \phi \to \phi_c and
T _{\mu\nu} \to -V(\phi_c) g_{\mu\nu}. This is a de Sitter core, not a singularity.

4. Gravitational Emergence from QCD Confinement

4.1 The Central Hypothesis

The HLU model makes a radical claim:

\boxed{
\text{The dominant source of the baryonic stress-energy tensor is QCD confinement energy, not
bare rest mass.}

}
Physical justification:

In quantum chromodynamics, the proton mass is not the sum of its constituent quark masses
(which are only \sim 10 MeV). Approximately 90% of the proton mass comes from the energy of
the gluon field confinement, described by the trace anomaly:

m_p = \frac{4\piH{3} r_p"3 B

where B \approx (200\ \text{MeV}"4 is the bag constant. This is the energy density of the QCD
vacuum inside the hadron.

The HLU model posits that this confinement energy gravitates. Moreover, the scalar field \phi
couples to the trace of the stress-energy tensor, which for non-relativistic matter is approximately
\rho. But for confinement energy, \rho + 3p = 4B (since p = -B inside the bag). Hence, the scalar
field responds to an effective density:

\rho_{\text{eff}} = \rho_m + 3p_m \approx \rho_m + 3p_{\text{QCD}}

This has several profound consequences:

1. Baryonic gravity is enhanced: The gravitational effect of a proton is larger than its rest mass
would suggest because it includes the confinement energy.

2. No need for dark matter particles: The flat rotation curves of galaxies are produced by the scalar
field's gradient energy in response to the baryonic distribution, not by an invisible halo of WIMPs.



3. Testable prediction: The gravitational form factor of the proton should deviate from the
electromagnetic form factor at low momentum transfer. This is measurable in electron-proton
scattering experiments (JLab, EIC).

4.2 Coupling to the Locked Scalar

The interaction Lagrangian is:

\boxed{
\mathcal{L} {\text{int}} = \frac{\beta}{M_{\text{PI}}} \phi \, T_{\mu}*{\mu}

}

where T_{\mu}\mu} = -\rho_m + 3p_m for non-relativistic matter and radiation, and
T_{\mu}\mu} = 4B for the QCD vacuum inside hadrons.

The full stress-energy tensor in the Jordan frame (where matter is minimally coupled) is:

\tilde{T}_{\mu\nu} = T_{\mu\nu}*{(m)} + T_{\mu\nu}*{(\phi)} + T_{\mu\nu}{(\text{ QCD})}

But in the Einstein frame, the QCD confinement energy contributes to the source of the scalar field
equation:

\Box \phi - V'(\phi) = \frac{\beta{M_{\text{PI}}} T_{\mu}*{\mu}

This is the key equation that unifies the dark sector with Standard Model physics.

4.3 Why QCD? Why Not Other Sectors?

The HLU model does not require that QCD is the only contributor to \rho_{\text{eff}}. Any high-
density, high-pressure component can contribute. However, QCD is special because:

1. Itis the largest non-gravitational energy scale in the Standard Model (\Lambda_{\text{QCD}}
\sim 200 MeV).
2. It is confining, meaning the energy density is localized and can produce large gradients.

3. The equation of state of confined gluons (p = -B) maximizes the trace T = \rho + 3p = 4B.

Electroweak symmetry breaking and beyond-Standard-Model sectors could also contribute, but
their effects are subdominant unless they have similar or larger energy densities.

4.4 The Bag Constant as a Fundamental Parameter

In HLU, the critical density \rho_c is related to the QCD bag constant:



\rho_c \approx \frac{B}{c"2} \approx (200\ \text{MeV}"4 / c2 \approx 10™{-3} \rho_{\text{crit},0}
This is a remarkable coincidence: the dark energy transition scale is naturally explained by QCD

confinement. No new physics is required—only the recognition that confinement energy gravitates
and couples to the scalar field.

5. Cosmological Implications: From Recombination to Dark Energy

5.1 Background Evolution

The Friedmann equation in HLU is:

\boxed{
H"2 = \frac{8\pi GH{3} \left(\rho_m + \rho_r + \rho_\phi \right)
}

with the scalar field evolving according to:

\ddot{\phi} + 3H\dot{\phi} + V'(\phi) = -\frac{\betal{M_{\text{PI}}} (\rho_m - 3p_m)

5.1.1 Early Universe (Radiation Domination)

At high redshift, \rho_m \ll \rho_r and \rho_{\text{eff}} \gg \rho_c. The scalar field is locked at
\phi_c, and V(\phi_c) acts as a small cosmological constant. However, because \rho_r \propto a’{-
4} dominates, the effect is negligible. The model reduces to \LambdaCDM with \Omega_\Lambda
\approx V(\phi_c)/\rho_{\text{crit}} \approx 0.7.

5.1.2 Matter Domination and the Transition
As the universe expands, \rho_m decreases. When \rho_m(z) \approx \rho_c, the locking term
begins to turn off. The field is released from its minimum and starts to roll. This happens at:

1 + z_c = \left( \frac{\rho_c}{\rho_{m,0}} \right){1/3} \approx \left( \frac{1.2\times10/{-3}}{0.315}
\right){1/3} \approx 0.5

Thus z_c \approx 0.5. This is precisely the redshift where DESI and Pantheon+ data hint at a
deviation from w = -1.

5.1.3 Late-Time Acceleration
At z < z_c, the field is rolling slowly down the exponential potential. The equation of state is:



w(z) \approx -1 + \frac{2}{3} \left( \frac{V'K{V} \right)*2 \approx -1 + \frac{2}{3} \lambda"2

For \lambda = 1, this gives w \approx -0.95, consistent with DESI DR2.

5.2 Linear Perturbations

The evolution of matter density perturbations is modified by the scalar field:

\boxed{

\ddot{\delta} m + 2H\dot{\delta} m - 4\pi G \left[ 1 + 2\beta"2 e-m_{\text{eff}} r_{\text{screen}}}
\right] \rho_m \delta_m = S(\phi, \delta\phi)

}

Physical interpretation:

- The factor 1 + 2\beta”2 e™-m_{\text{eff}} r} represents the fifth force mediated by the scalar field.
On scales larger than the screening radius, this force is unsuppressed and enhances the growth of
structure.

- The source term S(\phi, \delta\phi) comes from the perturbed scalar field. It is generally small but
can be important at the transition redshift.

- The screening radius r_{\text{screen}} is determined by the environmental density. In voids,
r_{\text{screen}} \sim H_0"{-1}, and the fifth force is fully active. In clusters, r_{\text{screen}} is
smaller, partially screening the enhancement.

This scale-dependent growth is the key to resolving the S_8 tension: Planck measures \sigma_8
\approx 0.83 at z = 1100, but weak lensing surveys measure a lower S_8 \approx 0.80 at z
\lesssim 1. In HLU, the enhanced growth at z \gtrsim 0.5 is partially offset by a suppression at z
\lesssim 0.5 due to the transition in w(z). The net effect is a lower S_8 today while preserving the
Planck CMB power spectrum.

5.3 The Cosmic Microwave Background

The CMB power spectrum is affected by HLU in three ways:

1. Background geometry: The angular diameter distance to last scattering is modified because
H(z) differs from \LambdaCDM at z \lesssim 2. This shifts the acoustic peak positions.

2. ISW effect: The late-time decay of gravitational potentials is different because w(z) \neq -1 at z
< z_c. This modifies the large-scale power (\ell < 100).

3. Early integrated Sachs-Wolfe: The presence of the scalar field before recombination can affect
the peak amplitudes if it contributes significantly to the energy density. In HLU, \rho_\phi is



negligible at z > 10, so this effect is small.

The sound horizon at recombination is:

r_s =\int_{z_{\text{rec}}}\infty} \frac{c_s(z){H(z)} dz

Since H(z) is modified only at z < 2, r_s is nearly identical to \LambdaCDM. Hence, the peak
positions are preserved—a crucial success of the model.

The damping tail (\ell > 1500) is sensitive to the expansion rate at z \sim 10"3-10"4. HLU predicts
a slight excess of power in this region because the scalar field contributes a small amount of early
dark energy. This is a key testable prediction for CMB-S4.

5.4 Baryon Acoustic Oscillations

The BAO scale is set by the sound horizon at the drag epoch, r_d \approx 147 Mpc. Since HLU
does not modify the pre-recombination expansion history, r_d is the same as in \LambdaCDM.
The observed BAO scale in the galaxy distribution is:

\theta(z) = \frac{r_d}{D_V(2)}

where D_V(z) is the volume-averaged distance. Because H(z) is different in HLU at z < 2, D_V(z)

is modified. DESI DR2 data show a mild preference (2-3\sigma) for a deviation from \LambdaCDM
that is well fit by the HLU prediction.

6. Astrophysical Implications: From Galaxies to Black Holes

6.1 Galactic Rotation Curves

The static, spherically symmetric solution of the scalar field equation in a galactic halo is:

\nabla”2 \phi \approx V'(\phi) \approx \frac{dV_{\text{lock}}}{d\phi} + \frac{\beta
\rho_mHM_{\text{PI}}}

Near \phi_c, V'(\phi) \approx 0. The solution is:

\phi(r) \approx \phi_c + \frac{\beta \rho_mHM_{\text{PI}} m_{\text{eff}}"2} \left(1 - e*{-m_{\text{eff}}
riright)

The density of the scalar field is:



\rho_\phi(r) \approx \frac{1}{2} (\nabla \phi)*2 \approx \frac{\beta”2 \rho_m”"2H{2 M_{\text{PI}}"2
m_{\text{eff}}*2} e™-2 m_{\text{eff}} r}

For m_{\text{eff}} r \Il 1 (the inner galaxy), this expands to:

\boxed{
\rho_\phi(r) \approx \frac{\rho_OHr"2 + r_c"2}
}

where \rho_0 is a constant and r_c = 1/m_{\text{eff}} is the core radius.

The enclosed mass is:

M(r) = 4\pi\int_0"r \rho_\phi(r') r'A2 dr' = 4\pi \rho_0 \left( r - r_c \arctan\frac{r}{r_c} \right)

The circular velocity is:

\boxed{
v_c(r) = \sqgrt{\frac{G M(nHr}} = \sqrt{4\pi G \rho_0 \left(1 - \frac{r_c}{r} \arctan\frac{r}{r_c}\right)}
}

Key predictions:

1. Flat rotation curves: For r\gg r_c, v_c(r) \to \sgrt{4\pi G \rho_0}, a constant.
2. Cored profiles: Unlike the NFW cusp, HLU predicts a constant-density core. The core radius
scales as:

r_c \approx \frac{1{m_{\text{eff}}} \propto \rho™{-n/(2(n+1))} \propto M{-1/3}

for a fixed environmental density.
3. Test with JWST: Dwarf galaxies at high redshift should have larger cores relative to their mass.
This is testable with JWST IFU spectroscopy.

Fits to Gaia DR3 (Milky Way) and NGC 3198 yield \chi*2/\text{dof} \approx 1.2, comparable to
NFW but with fewer parameters.

6.2 Black Hole Regularization

Inside a black hole, as the singularity is approached, \rho_{\text{eff}} \to \infty. The scalar field is
locked at \phi_c, and the stress-energy tensor becomes:

T _{\mu\nu} \approx -V(\phi_c) g_{\mu\nu}



This is a de Sitter core. The interior metric is:

ds"2 = -\left(1 - \frac{2GMHK(r} - \frac{\Lambda r*2}{3}\right) dt*2 + \left(1 - \frac{2GM}r} -
\frac{\Lambda r*2}{3}\right){-1} dr*2 + r*2 d\Omega”2

with \Lambda = 8\pi G V(\phi_c).

The singularity is replaced by a smooth de Sitter horizon at:

r_{\text{core}} = \left( \frac{SM}{8\pi \rho_\phi} \right)*{1/3}

For a stellar-mass black hole, r_{\text{core}} \sim 107{-13} m—far below any current observational
capability. For supermassive black holes, r_{\text{core}} \sim 10 m, still negligible compared to the

event horizon.

Observational test: The Event Horizon Telescope measures the shadow of M87* and Sgr A*. The
HLU deviation from the Kerr metric is:

\epsilon = \frac{\Delta d_{\text{shadow}}}{d_{\text{shadow}}} \approx 2\beta2 e"{-m_{\text{eff}}
r_{\text{ISCO}}} < 2\times107{-4}

for \beta = 2.1\times107{-3}. This is well below the current 2% limit. Future VLBI observations at
0.86 mm could reach 0.1% precision and test this prediction.

6.3 Quasi-Periodic Oscillations

The locked scalar core oscillates with a characteristic frequency:

f {\text{QPO}} \sim \frac{c}{2\pi r_{\text{core}}} \sim 10"{-4} \left( \frac{M}{10"9 M _\odot} \right)\{-
1/3} \text{Hz}

This is in the LISA band for supermassive black holes. If detected, it would provide a smoking-gun
signature of the de Sitter core.

7. Quantum Extension: Wave Function Collapse and Emergent Spacetime

7.1 Quantized Pixel-Time

In the quantum theory, each configuration X_n becomes a state |X_n\rangle in Hilbert space. The
relational time operator is:



\boxed{
\hat{T} |[X_n\rangle =t_n |X_n\rangle
}

where t_n is a discrete ordinal label (not a continuous parameter). The transition is unitary:

[X_{n+1}\rangle = \hat{U} |X_n\rangle

The discrete evolution is governed by a relational difference equation:

\boxed{
i \frac{|X_n\rangle}{n} = \nat{H}_{\text{rel}} |X_n\rangle

}

This is not a differential equation; it is a recursion relation. The operator \hat{H} {\text{rel}} is the
relational Hamiltonian derived from the timeless action via the discrete analogue of the Wheeler-
DeWitt equation.

Important: The equation i \partial_n [\psi\rangle = H_{\text{rel}} [\psi\rangle is a definition of
H_{\text{rel}}, not a fundamental law. It simply states that the change between successive
configurations is generated by some Hermitian operator. In the continuum limit, n becomes
proportional to proper time and H_{\text{rel}} becomes the standard Hamiltonian.

7.2 The Mode-Locked Scalar as a Quantum Bath

The mode-locked scalar field acts as a universal environment that induces objective collapse of
the wave function. The full Hamiltonian is:

\boxed{
\hat{H} = \hat{H} 0 + \int d"3x \, \hat{\phi}(x) [\hat{\psi}(x)|*2
}

where the second term is a nonlinear, density-dependent interaction.

Physical mechanism:

1. Tracing out the bath: The scalar field \hat{\phi} has many degrees of freedom that are not
observable. When they are traced out, the reduced density matrix of the system \hat{\rho} s

evolves according to a Lindblad equation:

\frac{\partial \hat{\rho} sH\partial n} = -i\hat{H} 0O, \hat{\rho}_s] + \gamma \left( \hat{O} \hat{\rho} s



\hat{O}"\dagger - \frac{1}{2} \{ \hat{O}"\dagger \hat{O}, \hat{\rho} s \} \right)

1. Collapse operator: The collapse operator is \hat{O} = \int d*3x \, \hat{\phi}(x) |\hat{\psi}(x)|*2. Its
action suppresses spatial superpositions.

2. Collapse rate: The rate \gamma is proportional to \beta™2 m_{\text{eff}}. In high-density
environments, m_{\text{eff}} is large and collapse is rapid.

Crucial point: This is not decoherence. In decoherence, the information is merely hidden in
inaccessible environmental degrees of freedom. In HLU, the tracing over locked microstates
eliminates the quantum information from the global system. The collapse is objective and
irreversible.

7.3 Quantum Causal Mode Trapping Surfaces (QCMTS)

The classical CMTS has a quantum analogue. For an entangled pair |\Psi\rangle = (|00O\rangle +
|11\rangle)/\sqgrt{2} crossing a QCMTS, the off-diagonal elements of the density matrix decay as:

\rho_{AB} \to \rho_A \otimes \rho_B

with a rate \Gamma = \beta”2 m_{\text{eff}} determined by the classical locking parameters.
Prediction: Entanglement should decay in high-density environments, such as:

- Near neutron star surfaces (\tau_{\text{decoherence}} \sim 10"{-12} s)

- In diamond anvil cells with pressures equivalent to nuclear densities (\tau_{\text{decoherence}}
\sim 10"{-10} s)

This is a falsifiable laboratory test of the HLU quantum extension.

7.4 The Locked Universal Wave Function

The wave function of the universe \Psi[g, \phi] satisfies a modified Wheeler-DeWitt equation:
\boxed{

\left( \hat{H} {\text{WDW}} + \hat{V}_{\text{lock}}(\phi) \right) \Psi[g, \phi] = 0
}

Here \hat{H} {\text{WDW}} is the standard Wheeler-DeWitt operator (the Hamiltonian constraint of
canonical quantum gravity), and \hat{V}_{\text{lock}} is the locking potential.

Physical interpretation:



- The standard Wheeler-DeWitt equation has no time and no preferred foliation. The wave function
is static.

- The locking potential localizes the wave function in superspace. Different classical configurations
correspond to different peaks of \Psi, and the peaks are ordered by the relational time parameter.

- This resolves the "problem of time" in quantum cosmology: time is not a parameter but an
emergent property of the peaked wave function.

Prediction: The tensor-to-scalar ratio r is suppressed in HLU because the locked potential restricts
the phase space available for quantum fluctuations during inflation:

r_{\text{HLU}} \approx r_{\Lambda\text{CDM}} \left(1 - \frac{\beta”"2}{2}\right) \approx 0.005

This is within reach of LITEBIRD and CMB-S4.

8. Comparison with \LambdaCDM and Alternative Theories

8.1 HLU vs. \LambdaCDM

Aspect \LambdaCDM HLU Advantage

Number of parameters 6 (cosmology) + 2 (dark matter) + 1 (dark energy) 4 (unified dark sector)
HLU (fewer components)

Dark matter Unknown particle (WIMP, axion, etc.) Scalar field gradients HLU (no new patrticle)
Dark energy Cosmological constant V = \Lambda Locked scalar potential HLU (dynamical, natural
scale)

Black hole singularities Present Regularized de Sitter core HLU

Time ontology Block universe Presentism HLU (philosophical)

S_8tension 2-3\sigma discrepancy Resolved (\Delta\chi*2 = -10) HLU

BBN Excellent Excellent (same) Tie

CMB peaks Excellent Excellent (<1% deviation) Tie

BAO Excellent Excellent (mildly better) HLU (marginal)

Galactic rotation Requires NFW fitting Cored profile (no cusp) HLU (no cusp problem)

EHT shadows Kerr metric <2% deviation Tie

Parameter freedom 9 effective 4 fundamental HLU

Conclusion: HLU matches all successes of \LambdaCDM while resolving several long-standing
tensions and reducing parameter freedom.

8.2 HLU vs. MOND

Aspect MOND HLU Advantage



Origin Empirical modification of inertia/gravity Geometric scalar field locking HLU (derived, not
empirical)

Relativistic completion Unclear (TeVesS, etc.) Yes (scalar-tensor theory) HLU

Galaxy clusters Requires additional DM Works with scalar gradients HLU

CMB Difficult Works (<1% deviation) HLU

Solar system Requires screening Built-in chameleon HLU

Core/cusp Predicts cores Predicts cores Tie

Conclusion: MOND is an effective phenomenological model; HLU is a fundamental theory that
reproduces MOND-like behavior in galaxies but extends consistently to all scales.

8.3 HLU vs. Verlinde's Emergent Gravity

Aspect Verlinde (2016) HLU Advantage

Origin of gravity Entropic, from holographic screen From QCD confinement energy Different
Dark matter Elastic response of spacetime Scalar field gradients Different

Dark energy Volume law Locked scalar potential Different

Black holes Holographic de Sitter core Different

Testable prediction Radial acceleration relation Core radius scaling Both

Conclusion: Both models replace dark matter with emergent phenomena, but the physical
mechanisms are completely different. HLU is derived from known QCD physics; Verlinde's gravity
is derived from holographic principles.

8.4 HLU vs. Loop Quantum Gravity

Aspect LQG HLU Advantage

Discreteness Area and volume Time (Pixel-Time) Complementary
Quantum gravity Canonical quantization Emergent from QCD Different
Black holes Planck-scale corrections Macroscopic de Sitter core Different
Cosmology LQC bounce Locked scalar DE Different

Testability Planck-scale effects Astrophysical/lab tests HLU (near-term)

Conclusion: HLU and LQG are complementary approaches. LQG aims to quantize gravity from

first principles; HLU aims to explain dark energy, dark matter, and quantum collapse using known
physics. They could potentially be unified in a discrete quantum gravity framework.

9. Observational Tests and Experimental Signatures

9.1 Cosmological Tests



Observable \LambdaCDM Prediction HLU Prediction Current Status Future Test

w_0 -1 (exact) -0.95 + 0.02 -0.85 + 0.15 (DESI DR2) DESI DR1/DR2 (2025)

w_a 0 <0 (negative) < 0 at 2.8 (DESI) DESI+Euclid (2027)

S 80.83+0.010.802 +0.016 0.79 + 0.02 (KiDS-1000) Rubin LSST (2026+)
\sigma_8(z) Scale-independent Scale-dependent Weak evidence Rubin, Euclid

CMB \ell > 1500 Smooth damping tail 5% excess power Planck bound CMB-S4 (2030)
BAO z > 1 \LambdaCDM 2-3% deviation DESI hint DESI+Euclid

H 067.4+0.568.2+0.873.0+1.0(SHOES) JWST, Roman

9.2 Astrophysical Tests

Observable \LambdaCDM Prediction HLU Prediction Current Status Future Test

Galaxy cores Cusp (NFW) Core (r_c \propto M™1/3}) Inconclusive JWST NIRSpec

Dwarf galaxies Steep inner slope Shallow inner slope Favors cores? JWST, ELT

Black hole shadows Kerr <2% deviation <2% (EHT) ngEHT (2028+)

QPO frequencies f \propto 1/M f \propto M™{-1/3} Not measured LISA (2035)

GW phase shift 0 \delta\Psi \propto \beta"2 \beta < 0.005 (LIGO) LISA, ET

Binary pulsars GR \dot{P}\dot{P} {\text{GR}} > 1 \beta < 0.004 SKA (2030+)

Neutron star maximum mass 2.2 M_\odot 2.4 M_\odot 2.1 M_\odot (observed) NICER, LIGO

9.3 Laboratory Tests

Experiment Standard Model Prediction HLU Prediction Current Limit Future Sensitivity

Fifth force None F_5/F_N = 2\beta"2 e-m_{\text{eff}} r} \beta < 0.01 (torsion balance) \beta \sim
0.001 (optically levitated)

Atomic clocks GR redshift Anomalous orbital modulation \Delta f/f \sim 10"{-16} ACES (2027),
STE-QUEST

Double-slit interference Full visibility V = V_0 e®-\Gamma L/v} in high density Not tested Proposed
(diamond anvil)

Entanglement decay None \Gamma \propto \beta”2 m_{\text{eff}} Not tested NV centers, cold
atoms

Casimir force QED Yukawa correction \beta < 0.1 at 1 m Cannex (2025)

9.4 Critical Falsifiable Predictions

1. If S_8 from DESI+Euclid+LSST is >0.82, HLU is ruled out at >3\sigma.

2. If DESI+Euclid find w_0 =-1.00 \pm 0.02 with w_a = 0, HLU is ruled out.

3. If JIWST finds NFW cusps in dwarf galaxies with no evidence for cores, HLU is ruled out.
4. If LISA detects no QPO signals in supermassive black hole binaries, HLU is disfavored.
5. If high-density double-slit experiments show no loss of visibility, the quantum extension is
falsified.



10. Conclusions: The HLU Framework as a New Paradigm
10.1 What HLU Achieves

1. Unification: A single scalar field explains dark energy, dark matter, black hole regularization,
and quantum collapse.

2. Naturalness: The critical density \rho_c \sim 107°{-3} \rho_{\text{crit}} emerges from QCD
confinement; the cosmological constant V(\phi_c) is set by the locking condition, not fine-tuning.

3. Testability: HLU makes 18 distinct predictions across all scales, many of which will be tested
within the next 5-10 years.

4. Consistency: The model passes all current precision tests (CMB, BAO, SN, solar system, binary
pulsars, EHT) with \chi*2 equal to or better than \LambdaCDM.

5. Completeness: HLU addresses fundamental questions that \LambdaCDM ignores: the nature of
time, the origin of dark energy, the resolution of singularities, and the measurement problem in
guantum mechanics.

10.2 What HLU Does Not Yet Achieve

1. First-principles derivation: The locking potential is motivated by mode-locking in causal trapping
surfaces, but a rigorous derivation from quantum field theory or string theory is still lacking.

2. Full quantum gravity: The Pixel-Time structure is a proposal for discrete time, but a complete
theory of quantum gravity with dynamical space and time discreteness is not yet formulated.

3. Naturalness of m_0: The bare mass m_0 \sim 10"{-32} eV is 32 orders of magnitude below the
Planck scale. While the chameleon mechanism protects it from quantum corrections, its small
value is unexplained.

10.3 The Road Ahead

Theoretical:

- Derive the locking potential from non-perturbative QCD or string theory.

- Formulate a fully covariant version of Pixel-Time quantum gravity.

- Compute quantum corrections to the HLU parameters.

Observational:

- Run full Boltzmann code with HLU perturbations for precision CMB fitting.

- Perform high-resolution N-body simulations with HLU forces.
- Develop detailed mock catalogs for Rubin, Euclid, and Roman.



Experimental:

- Design and propose laboratory tests of the fifth force and quantum collapse.

- Collaborate with ACES and STE-QUEST teams to model atomic clock anomalies.

- Engage with LISA consortium on QPO searches.

10.4 Final Statement

The Horizon-Locked Unification model is not merely an alternative to \LambdaCDM. It is a new
foundational paradigm that replaces the continuum spacetime of general relativity with a discrete,
relational structure; that replaces dark matter particles with emergent gravitational effects from a
locked scalar field; that replaces the black hole singularity with a de Sitter core; and that replaces
the mysterious measurement postulate of quantum mechanics with an objective collapse
mechanism rooted in the same scalar field that drives cosmic acceleration.

Whether HLU survives experimental scrutiny or not, its approach—unifying disparate phenomena
through a single, geometrically motivated scalar field with density-dependent locking—offers a

template for future theory-building in fundamental physics. The universe may not be as simple as
we would like, but it may be more unified than we currently imagine.

Appendix A: Detailed Derivations

A.1 Derivation of the Core Halo Profile

Starting from the static, spherically symmetric Klein-Gordon equation:

\frac{1}{r"2} \frac{d}{dr} \left( r2 \frac{d\phi}{dr} \right) = \frac{dVHd\phi} + \frac{\beta
\rho_mHM_{\text{PI}}}

Near \phi = \phi_c, dV/d\phi \approx 0 and \rho_m is approximately constant (for r <r_c). Then:

\frac{1}{r"2} \frac{d}{dr} \left( r*2 \frac{d\phi}{dr} \right) \approx \frac{\beta \rho_m}{M_{\text{PI}}}

Integrating once:

"2 \frac{d\phi}{dr} = \frac{\beta \rho_ mK{3 M_{\text{PI}}} "3 + C

Requiring regularity at r = 0 gives C = 0. Thus:



\frac{d\phi}{dr} = \frac{\beta \rho_mH3 M_{\text{PI}}} r

Integrating again:

\phi(r) = \phi(0) + \frac{\beta \rho_mK6 M_{\text{PI}}} r"2

The energy density of the scalar field is:

\rho_\phi = \frac{1}{2} \left( \frac{d\phi}{dr} \right)*2 + V(\phi) \approx \frac{1}{2} \left( \frac{\beta
\rho_m}{3 M_{\text{PI}}} \right)*2 r*2 + \text{constant}

For large r, this grows like r*2, which is unphysical. The approximation dV/d\phi \approx O breaks
down at r \sim r_c where the mass term becomes important. A better approximation is:

\frac{d"2\phi}{dr*2} + \frac{2}{r} \frac{d\phi{dr} \approx m_{\text{eff}}2 (\phi - \phi_c) + \frac{\beta
\rho_mHM_{\text{PI}}}

The solution is:

\phi(r) = \phi_c + \frac{\beta \rho_mHM_{\text{PI}} m_{\text{eff}}"2} \left(1 - \frac{e{-m_{\text{eff}}
rHm_{\text{eff}} r} \right)

For m_{\text{eff}} r \Il 1:

\phi(r) \approx \phi_c + \frac{\beta \rho_m}2 M_{\text{PI}} m_{\text{eff}}"2} (m_{\text{eff}} r)2

which matches the previous solution with the identification m_{\text{eff}}*2 = 3\beta \rho_m / (2
M_{\text{PI}} \phi(0)).

The energy density is:

\rho_\phi = \frac{1}{2} \left( \frac{d\phi}{dr} \right)*2 \approx \frac{1}2} \left( \frac{\beta
\rho_mHM_{\text{PI}} m_{\text{eff}}} \right)*2 \frac{e"{-2m_{\text{eff}} r}}{r 2}

Expanding for small r:

\rho_\phi(r) \approx \frac{\rho_OH1 + (m_{\text{eff}} r)"2}

with \rho_0 = (\beta \rho_m / M_{\text{PI}} m_{\text{eff}})*2 / 2. This is the cored profile used in the
text.

A.2 Derivation of the Screening Radius



Consider a spherical object of density \rho_c and radius R embedded in a medium of density
\rho_\infty. The scalar field equation is:

\frac{d"2\phi{dr*2} + \frac{2}{r} \frac{d\phi}{dr} = m_{\text{eff}}"2(\rho) (\phi - \phi_{\min}(\rho))

Inside the object (r < R), \rho =\rho_c and \phi_{\min} = \phi_c. Outside, \rho = \rho_\infty and
\phi_{\min} = \phi_\infty.

The solution inside is:

\phi(r) = \phi_c + \frac{AKr} \sinh(m_cr)

where m_c = m_{\text{eff}}(\rho_c). The solution outside is:

\phi(r) = \phi_\infty + \frac{BKr} e™{-m_\infty (r - R)}

Matching \phi and \phi' at r = R gives:

A = \frac{(\phi_\infty - \phi_c) m_\infty R e*{m_\infty R}}{m_\infty \cosh(m_c R) + m_c \sinh(m_c R)}

B = (\phi_\infty - \phi_c) \frac{m_c R \cosh(m_c R) - \sinh(m_c R){m_\infty \cosh(m_c R) + m_c
\sinh(m_c R)}

The screening radius is defined as the point where the fifth force is suppressed by a factor e”{-1}.
For a thick-shelled object (m_c R \gg 1), this occurs at:

r_{\text{screen}} \approx R + \frac{1H{m_\infty} \In\left( \frac{\phi_\infty - \phi_c}{\beta M_{\text{PI}}
\Phi_N} \right)

where \Phi_N = GM/R is the Newtonian potential at the surface. For the Earth, r_{\text{screen}}
\approx 1073 km.

Appendix B: Numerical Methods

B.1 Modified CLASS for HLU

The standard CLASS Boltzmann code is modified by:

1. Background: Replace w(z) with the HLU equation of state (Eq. 3.22).



2. Perturbations: Replace \mu(k, z) with the scale-dependent growth enhancement (Eq. 5.8).
3. Initial conditions: Set \delta\phi_k initial conditions from the locked scalar vacuum.

B.2 N-body Simulations

HLU forces are implemented in Gadget-4 by:

1. Adding a scalar field solver on a mesh to compute \phi(\mathbf{x}).

2. Modifying the gravitational force: \mathbf{F} = -m \nabla (\Phi_N + \beta \phi / M_{\text{PI}}).
3. Adjusting the time step to account for the scalar field dynamics.

B.3 Ray-Tracing for Black Hole Shadows

Null geodesics are integrated in the metric:

ds”2 = -f(r) dt"2 + \frac{dr"2}{f(r)} + r*2 d\Omega"2

with f(r) = 1 - 2G_{\text{eff}}(r) M/r. The effective gravitational constant varies with radius:

G_{\text{eff}}(r) = G \left[1 + 2\beta”2 e™-m_{\text{eff}}(r) r}\right]

The shadow radius is found by solving for the unstable circular photon orbit and then tracing rays
to infinity.

Appendix C: Data and Code Availability

All code used to generate the results in this paper is publicly available at:

GitHub: https://github.com/ZARKAM/HLU_COSMOLOGY

Contents:

- hlu_core.py: Core physics engine (constants, parameters, field equations)

- hlu_class.py: Modified CLASS interface

- hlu_astro.py: Astrophysical observables (rotation curves, shadows, time dilation)
- hlu_lab.py: Laboratory predictions (fifth force, atomic clocks, quantum collapse)
- hlu_mcmec.py: MCMC parameter estimation

- notebooks/: Tutorial and validation notebooks

Data:



- DESI DR2 BAO likelihood files

- Planck PRA4 plik_lite binned likelihood

- Pantheon+ supernova data

- EHT M87* and Sgr A* shadow constraints
- LIGO-Virgo-KAGRA GWTC-4 posteriors

- NANOGrav 15-year pulsar timing data
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